Abstract. For exactly k-to-l functions from [0, 1] 
I. Introduction. A function is k-to-\ if each point inverse has exactly k elements, and it is at most k-to-l ii each point inverse has at most k elements.
Over 45 years ago, O. G. Harrold, Jr. proved in [2] that there is no continuous k-to-l map from [0,1] into [0, 1] . In a recent paper [4] , H. Katsuura 
, and 2. if I is any subinterval of (0,1) between f(x) andf(p), then there is a subinterval J of I such that every horizontal line {y -c} with c in J intersects the graph of f between x and p an odd number of times.
Proof. Since f~l(f (p)) is finite, there is a positive number d' < d such that no point within d' of p maps to f(p) except p. Choose any number x' less than p so that |x' -p\ < d'. The set f'l(f(x')) is finite so there is an x with x' < x < p and f(x) = f(x') such that no point of (x, p) maps to f(x'). Part 1 is true for this x. Note that the part 1 property implies that each point in (0,1) is either a crossing point, a local maximum, or a local minimum for the graph of /. Now suppose part 2 is false and suppose f(x) < f(p). Then there is an interval / in (f(x),f(p)) such that every subinterval contains a number c where the line { y = c} intersects the graph of / between x and p an even number of times. Let cx be such a number in / and let nx be the even number of times {y = c,} intersects the graph between x and p. Since the graph goes continuously from (x, f(x)) below {y = cx} to (p,f(p)) above, an odd number of these intersection points must be crossings, say j of them. Of the others, i are local minima and m are local maxima. Since m + i is odd, one is larger, say m > i. Part 1 is true for each point in f~l(cx) so there is an interval I2 = (t,cx) in I small enough that if c is in I2 then {y = c) intersects the graph between x and p at least j + 2m times. From the negation of part 2 there is a number c2 in I2 such that the cardinality of this intersection is even, say n2. Then This process can be continued until na> k. Since the line {y = ca) cannot intersect the graph of an at most ic-to-l map more than k times this is a contradiction. Note 1. Obviously the same properties hold to the right of p. Note 2. Part 1 is a strengthening of a lemma found in Katsuura and Kellum [4] . Now, to prove Theorem 1, suppose that /: [0,1] -» [0,1] is a k-to-l function, with k an even integer greater than 4, and / has only one discontinuity, q. ) there is a number e close to 0 so that the line {y = e} intersects the graph of / at least 2n + z times. Since it intersects the graph exactly k times the following is true: n + z + 2> k ^ 2n + z, from which it follows that 2 > n, a contradiction. Therefore 0 is not in the image of Claim 3. The discontinuity q is in (0,1) and the limit of the images of any sequence converging to q from the left is 0 and from the right is 1 (or the other way around). It was proved in Katsuura and Kellum [4] that each limit exists and is either 0 or 1. If both limits were 1, say, then there would be an interval of numbers (0, e) not mapped onto, contradicting the fact that the image of / is (0,1). For the same reason, since both 0 and 1 limits must be achieved, q must be interior to [0,1] to have two sides in the domain. Consider the cardinality, 1(c), of the intersection of the line {y = c) with this composite graph: If 1 < c < 2 then 1(c) = 2n + 1. 1(1) = m + t + n +I. If 0<c < 1 then 1(c) = 2m + 1 + 2t.
For the interior intersections to be constant, 2« + 1 = m + t + n + 1 = 2m + 1 + 2t is needed, i.e. m + t = n. Given n and /, then, set m = n -t and denote the described function on [0,3] by Ax(t,n). Denote by A2(t,n) the function constructed by reflecting the graph of Ax(t,n) about the line {x = 1.5}, and by A3(t,n) the function constructed by reflecting the graph of Ax(t, n) about {y = 1}.
Finally, since k is an even integer greater than 4 it can be written as (2r + 1) + (2s + 1) where r and s are both positive. Define a continuous function g from 
